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MISCELLANEOUS. 

85. Proposed by COOPER D. SCHMITT, A. M., Professor of Mathematics, University of Tennessee, Knox- 
ville, Tenn. 

Prove that at least one of the three sides of a rational right triangle must be divis- 
ible by 5. 

II. Solution by II. A. 6EUBEE. A.M., War Department, Washington, D. C; HON. JOSIAH H. DRUMMOND, 
LL. D., Portland, Me.; and the PROPOSER. 

Rational right triangles are divided into three kinds : (1), prime inte- 
gral ; (2), composite integral ; and (3), fractional. 

It is evident that prime integral right triangles are the basis of work. 

To produce a prime integral right triangle we take two integers prime to 
each other, one odd and the other even. Then, twice their product will give one 
of the legs, the difference of their squares will give the other of the legs, and the 
sum of their squares will be the hypotenuse ; or taking p and q as the two integ- 
ers, the respective sides are 2pq, p 2 — q 2 , and p 2 +9 2 . 

This process will produce any prime integral right triangle. 

The squares of even numbers end in 4, 6, and 0, and of odd numbers in 1, 
9, and 5. 

When the two prime integers, or p and q end, respectively, in and an 
odd figure, or in 5 and an even figure, their product, or pq of the side 2pq con- 
tains the factor 5 ; the other sides being odd numbers not ending in 5. 

When the squares of the two prime integers, or p* and q % end, respective- 
ly, in 1 and 6 or in 9 and 4, the difference of these squares, or the side p 2 and 5 s 
ends in 5, and is, therefore, divisible by 5. 

When the squares of the two prime integers end, respectively, in 1 and 4 
or in 9 and 6, the sum of these squares, or the side p* + q* ends in 5. 

The above contains all the combinations of any two prime integers, one 
odd and the other even, according to the formation of the sides of prime integral 
right triangles. 

.•.In every prime integral right triangle one of the sides and only one is 
divisible by 5. 

In composite integral and fractional right triangles either one or all of the 
sides must be divisible by 5. For, in order to have more than one side divisible 
by 5, the highest common factor of the three sides must contain the factor 5. 

.•.In rational right triangles either one or all of the sides will be divisible 
by 5. 



